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1. INTRODUCTION
$f$ $\Omega$ , $\{zk\}_{k\in \mathrm{N}}$ $\Omega$ .
, $zk$
$f(z)= \sum_{|\alpha|=0}^{\infty}\frac{\partial^{\alpha}f(z_{k})}{\alpha!}\cdot(z-z_{k})^{\alpha}$
Taylor . ( , . , ,
\S 2 ) , $\{mk\}_{k\in \mathrm{N}}$ . ,
(\S 2 ) $(n+1)$- $\{ak,\alpha\}_{k\in \mathrm{N},|\alpha|\leq m_{k}-1}$
,
(1.1) $\frac{\partial^{\alpha}f(z_{k})}{\alpha!}=ak,\alpha$ $(\forall k\in \mathrm{N}, |\alpha|\leq m_{k}-1)$
$\Omega$ $f\in A_{p}(\Omega)$ , $V:=$ $\{(z$ $m_{k})\}_{k\in \mathrm{N}}$
H\"ormander $A_{p}(\Omega)$ $(\theta-)$ .
, (1.1) $f$ $zk$ ( ) Taylor
. , $mk=1(\forall k\in \mathrm{N})$ , (1.1) $zk$
. , $V$ $A_{p}(\Omega)$
$(\theta-)$ ( $V$ ) (
) . H\"ormander
, . (cf., [BCL], [BG2],
[BL1]
$)$ [BL2], [BT1], [BT2], [BT3], [HM], [L], [LT], [LV1], [LV2], [O1], [O2], [O3],
[Ou], [S1], [S2], etc)
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1 , $\Omega=\mathbb{C}$ , (i.e., $V$
) Berenstein Taylor ([BT1]) + $|,$ $\mathrm{a}$ . ( ,
$p$ radial (i.e., $p$ $|z|$ )
(i.e., $V$ ) Berenstein
Li ([BL2]) . ( , Nevanlinna
) , $\Omega=\mathbb{C}^{n}$ $m_{k}=1(\forall k\in \mathrm{N})$ ,
Berenstein Li ([BL1]) . ( , [O2] , $A_{p}(\mathbb{C}^{n})$
$V$ $n+1$ $A_{p}(\mathbb{C}^{n})$
) , $\Omega$ $\mathbb{C}^{n}$ $\mathbb{C}^{n}$ $B_{n}(0,1)$ ,
Li Vfflamor ([LV1], [LV2])
.
Theorem A. ([LV1]) $p$ $\mathbb{C}^{n}$ , $V=\{(z_{k}, m_{k})\}_{k\in \mathrm{N}}$ $\mathbb{C}^{n}$
. , $V$ $A_{p}(\mathbb{C}^{n})$
, $N(\geq n)$ $f_{1},$ $\ldots,$ $f_{N}\in A_{p}(\mathbb{C}^{n})$ $\epsilon,$ $C$ ,
(1) , $V\subset V(f)$ .
(2) $S$ $S_{p}(f;\in, C)$ , $S$ $\{zk\}$ 1
, $S$ $z_{k}$ , $S$ 1 .
.
Theorem B. ([LV2]) $\lambda\in(0,1/n)$ . $V=$ $\{(z$ $mk)\}_{k\in \mathrm{N}}$ $\mathbb{C}^{n}$
$B_{n}(0,1)$ . , $V$ $A^{-\infty}$
, $N(\geq n)$ $f_{1},$ $\ldots,$ $f_{N}\in A^{-\infty}$ $\epsilon,$ $C$
,
(1) , $V\subset V(f)$ .
(2) $S$ $S_{p}(f;\epsilon, C)$ , $S$ $\{z_{k}\}$ 1
, $S$ $z_{k}$ , $S$ $\lambda(1-|z_{k}|)$ .
.
\S 2 , $A^{-\infty}=A_{p}(B_{n}(0,1)),$ $p(z)=-\log(1-|z|)$ .
, Theorem A Theorem $\mathrm{B}$ $\Omega$ $\mathbb{C}^{n}$ .
Main Theorem. $V=\{(zk, m_{k})\}_{k\in \mathrm{N}}$ $\rho_{V}(A_{p}(\Omega))\subset l_{p,\theta}(V)$
. , $V$ $A_{p}(\Omega)$ $\theta$ - ( , $\rho_{V}(A_{p}(\Omega))=l_{p,\theta}(V)$ )
, $f_{1},$ $\ldots,$ $f_{N}\in A_{p}(\Omega)$ $\epsilon,$ $C$
(1) $V\subset V(f)$ .
(2) $S$ $S_{p}(f\mathrm{i}^{\mathcal{E},\mathit{0})}$ , $S$ $\{zk\}$ 1
, $S$ $zk$ , $S$ $\theta\exp(-K_{1}p(zk)-K_{2})$
.
. , $V=\{(z_{k}, m_{k})\}_{k\in \mathrm{N}}$ $\rho v(A_{p}(\Omega))\subset$
$l_{p,\theta}(V)$ , $V$ $A_{p}(\Omega)$ \mbox{\boldmath $\theta$}-
( , $\rho_{V}(A_{p}(\Omega))\supset l_{p,\theta}(V)$) .
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2. PRELIMINARIES
$\mathbb{Z}_{+}:=\mathrm{N}\mathrm{U}\{0\}$ . , $z\in \mathbb{C}^{k},$ $r>0$ ( , $B_{k}(z, r):=\{w\in \mathbb{C}^{k}$ :
$|w-z|<r\}$ $z$ , $r$ $\mathbb{C}^{k}$ .
$\Omega$ $\mathbb{C}^{n}$ , $p$ H\"ormander , ,
(HW1) $\log(1+|z|^{2})=O(p(z))$ . ( $\Omega$ , $|z|arrow\infty,$ $z\in\Omega$ )
(HW2) $z\in\Omega,$ $|z-\zeta|\leq\exp(-K_{1}p(z)-K_{2})$ , $\zeta\in\Omega,$ $p(\zeta)\leq K_{3}p(z)+K_{4}$
$K_{1},$ $K_{2},$ $K_{3},$ $K_{4}$ .
. ( , H\"ormander $p$
, (HW2) ) $\Omega=\mathbb{C}^{n}$ ,
$p$ Berenstein Taylor (cf., e.g. [BT1]) , $p$
H\"ormander { . $d_{\Omega}(z):= \sup_{\zeta\in\partial\Omega}|\zeta-.z|$
, $p(z)=|z|^{2}-\log d_{\Omega}(z)+C$ ( $C$ ) H\"ormander
. (cf., [H02])
Definition 2.1. , $A_{p}(\Omega)$ $A,$ $B$
$f(z)\leq A\exp(Bp(z))$ $(\forall z\in\Omega)$
$\Omega$ $f$ . , $A_{p}(\Omega)$
, H\"ormander algebra .
, H\"ormander $A_{p}(\Omega)$
(cf., [HO1]). , (HW1) (HW2) . ( , [HO1]
)
Lemma 22. $p$ $\Omega$ H\"ormander . ,
.
(1) $\mathbb{C}[z_{1}, \ldots, z_{n}]\subset A_{p}(\Omega)$ .
(2) $f\in A_{p}(\Omega),$ $\alpha\in Z_{+}^{n}$ , $\partial^{\alpha}f\in A_{p}(\Omega)$ .
(3) $f$ $\Omega$ , $f\in A_{p}(\Omega)$ ,
$\int_{\Omega}|f|^{2}\exp(-Lp)d\lambda<+\infty$
$L$ . , $d\lambda$ $\Omega$ Lebesgue
.
$\{z_{k}\}_{k\in \mathrm{N}}$ $\Omega$ $1$ , $\{m_{k}\}_{k\in \mathrm{N}}$ $1$ . , z $m_{k}$
$\{(zk, m_{k})\}_{k\in \mathrm{N}}$ $\Omega$ , $m_{k}$ $z_{k}$
. $V=\{(zk, m_{k})\}_{k\in \mathrm{N}},$ $W=\{(w_{l}, n\iota)\}_{l\in \mathrm{N}}$ 2 ,
$V\subset W$ , $z_{k}=w_{\iota(k)},$ $m_{k}\leq n_{\iota(k)}(\forall k\in \mathrm{N})$




$f_{N}\in O(\Omega)$ ( $\Omega$ ) , $f_{1},$ $\ldots,$ $f_{N}$
$Z(f)$ 0 $\{zk\}_{k}$ $\{Y_{\nu}\}_{\nu}$ . , $mk$
$f_{j}(j=1, \ldots, N)$ $zk$ t . ,
$f1,$
$\ldots,$
$f_{N}$ $\Omega$ $V(f)$ $\{(zk, m_{k})\}_{k}$
.
$V=\{(zk, mk)\}_{k\in \mathrm{N}}$ $\Omega$ . , $I(V)$
$k\in \mathrm{N}$ $|\alpha|\leq mk-1$ $\alpha\in \mathbb{Z}_{+}^{n}$ $\alpha f(zk)=0$ $\Omega$
$O(\Omega)$ . , $O(V):=O(\Omega)/I(V)$
$V$ . $V$ $(n+1)$ $\{ak,\alpha\}_{k\in \mathrm{N},|\alpha|\leq m_{k}-1}$
. , $A_{p}(V)$ , $A,$ $B$
$\sum_{|\alpha|=0}^{m_{k}-1}|a_{k,\alpha}|\leq A\exp(Bp(zk))$ $(\forall k\in \mathrm{N})$
$\{ak,\alpha\}_{k\in \mathrm{N},|\alpha|\leq m_{k}-1}\in O(V)$ .
, $f\in O(\Omega)$ $\{\partial^{\alpha}f(zk)/\alpha!\}_{k\in \mathrm{N},|\alpha|\leq m_{k}-1}\in O(V)$ { $\rho v$
, $\rho_{V}(O(\Omega))=O(V)$ . $\Omega=\mathbb{C}^{n}$ $p$ $\mathbb{C}^{n}$
, $\rho_{V}(A_{p}(\mathbb{C}^{n}))\subset A_{p}(V)$ , $\Omega$ $\mathbb{C}^{n}$
, $p$ H\"ormander , ,
$\rho_{V}(A_{p}(\Omega))\subset A_{p}(V)$ . $A_{p}(V)$
.
Example 2.3. (cf., [LV2]) $\Omega=B_{1}(0,1),$ $p(z)=-\log d_{\Omega}(z)=-\log(1-|z|)$ ,
$f(z)=(1-z)^{-1}\in\dot{A}_{p}(\Omega)$ . , $z_{k}=1-k^{-1}\in\Omega,$ $m_{k}=2^{k}$ {




, $\rho v(f)\not\in A_{p}(V)$ .
, $\Omega\neq \mathbb{C}^{n}$ $\rho_{V}(A_{p}(\Omega))\not\subset A_{p}(V)$ ( , $d_{\Omega}(z)<1$
$z=(z_{1}, \ldots, z_{n})\in\Omega$ $f\in A_{p}(\Omega)$ Taylor
$B_{1}(z_{1},1)\cross\cdots\cross B_{1}(z_{n}, 1)$ . , $A_{p}(V)$
$\theta\in(0,1]$ $l_{p,\theta}(V)$ .
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Definition 24. $V\ovalbox{\tt\small REJECT}\{(z_{k}, m\ovalbox{\tt\small REJECT}\}_{k\in \mathbb{N}}$ $\Omega$ . ,
$l_{2},\theta(V)$ , $C>0$
$\sup_{k\in \mathrm{N}}(\sum_{|\alpha|=0}^{m_{k}-1}|a_{k,\alpha}|\theta^{|\alpha|}\exp(-|\alpha|(K_{1}p(z_{k})+K_{2})))<+\infty$
$\{a_{k,\alpha}\}_{k\in \mathrm{N},[\alpha|\leq m_{k}-1}\in O(V)$ .
Proposition 2.5. $V=\{(zk, mk)\}_{k\in \mathrm{N}}$ $\Omega$ . ,
(1) $\theta\in(0,1/\sqrt{n})$ , $\rho_{V}(A_{p}(\Omega))\subset l_{p,\theta}(V)$ .
(2) $n\geq 2,$ $\theta\in[1/\sqrt{n}, 1],$ $mk=O(p(zk))$ , $\rho v(A_{p}(\Omega))\subset l_{p,\theta}(V)$
.
(3) $n=\theta=1,$ $m_{k}=O(\exp(Dp(z_{k})))(\exists D>0)$ , $\rho_{V}(A_{p}(\Omega))\subset l_{p,\theta}(V)$
.
RemarlC. Proposition 25(2), (3) m\sim
. , $\rho v(A_{p}(\Omega))=l_{p,\theta}(V)$
. (cf., Lemma 3.1 (1))
Definition 2.6. $V$ , ( , $\rho_{V}(A_{p}(\Omega))\subset l_{p,\theta}(V)$
) $\rho_{V}(A_{p}(\Omega))\supset l_{p,\theta}(V)$ , $A_{p}(\Omega)$ \mbox{\boldmath $\theta$}- .
$V=\{(z_{k}, m_{k})\}_{k\in \mathrm{N}}$ $\Omega$ . , $V$ $A_{p}(\Omega)$
$\theta$- $\theta’\geq\theta$ , $V$ $A_{p}(\Omega)$ $\theta’$- . ,
$\theta_{0}(V):=\sup\{\theta\in(0,1] : \rho v(A_{p}(\Omega))\subset l_{p,\theta}(V)\}(\geq 1/\sqrt{n})$ , $\theta\in$




$f_{N}\in A_{p}(\Omega),$ $\epsilon,$ $C>0$ , $Z(f)=Z(f_{1}, \ldots, f_{N})$
$S_{p}(f;\epsilon, C):=\{z\in\Omega$ : $|f(z)|:=( \sum_{j=1}^{N}|f_{j}(z)|^{2})1/2<\epsilon\exp(-Cp(z))\}$
.
3. $\mathrm{p}_{\mathrm{R}\mathrm{O}\mathrm{O}\mathrm{F}\mathrm{O}\mathrm{F}}$ MAIN THEOREM
, [O4] . ,
, .
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Lemma 3.1. $V=\{(zk, mk)\}_{k\in \mathrm{N}}$ $\rho v(A_{p}(\Omega))=l_{p,\theta’}(V)$ $\Omega$
. ,
(1) $A_{0},$ $B_{0}$ ,
$m_{k}\leq A_{0}p(z_{k})+B_{0}$ $(\forall k\in \mathrm{N})$
.
(2) $\epsilon_{0}$ , $C_{0}$ ,





, , $\Omega$ $\mathbb{C}^{n}$
Semilocal Interpolation Theorem { .
Semilocal Interpolation Theorem for pseudoconvex open sets. $\Omega$ $\mathbb{C}^{n}$
, $p$ $\Omega$ H\"ormander , $f=(f_{1}, \ldots, f_{N})\in$
$A_{p}(\Omega)(N\in \mathrm{N})$ . $h$ $S_{p}(f;\epsilon_{0}, C_{0})$ ,
$|h(z)|\leq A_{0}\exp(B_{0}p(z))$ $(\forall z\in S_{p}(f;\epsilon_{0}, C_{0}))$
. $(A_{0}, B_{0}, C_{0}, \epsilon_{0}>0)$ , $\Omega$ $H\in A_{p}(\Omega)$
$\epsilon_{1}\in(0, \epsilon_{0})$ , $C_{1}>C_{0},$ $A_{1},$ $B_{1}$ $m$ $S_{p}(f;\epsilon_{1}, C_{1})(\subset S_{p}(f;\in 0, C_{0}))$
$g_{1},$ $\ldots,$ $g_{m}$
(1) $H(z)-h(z)= \sum_{j=1}^{m}g_{j}(z)f_{j}(z)$
(2) $|g_{j}(z)|\leq A_{1}\exp(B_{1}p(z))(\forall j=1, \ldots, m)$
$z\in S_{p}(f;\epsilon_{1}, C_{1})$ . , Z( $H\equiv h$
, $V(f)=\{(z_{k}, m_{k})\}_{k\in \mathrm{N}}$ ,
$\frac{\partial^{\alpha}H(z_{k})}{\alpha!}=\frac{\partial^{\alpha}h(z_{k})}{\alpha!}$
$(\forall k\in \mathrm{N}, |\alpha|\leq m_{k}-1)$
.
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4. $\mathrm{c}_{\mathrm{o}\mathrm{R}\mathrm{O}\mathrm{L}\mathrm{L}\mathrm{A}\mathrm{R}\mathrm{I}\mathrm{E}\mathrm{S}}$ OF MAIN THEOREM
Main Theorem , Berenstein Taylor ([BT3]) 1
$\Omega$ ( ) $V$
.
Corollary 4.1. $p$ $K_{1},$ $K_{2},$ $K_{3},$ $K_{4}$ $\Omega$ H\"ormander
. $V$ $\rho_{V}(A_{p}(\Omega))\subset l_{p,\theta}(V)(\theta\in(0,1]$ )
$\Omega$ . , $V$ $A_{p}(\Omega)$ \mbox{\boldmath $\theta$}-
. , $q$ $L_{1},$ $L_{2},$ $L_{3},$ $L_{4}$ $\Omega$ H\"ormander
$K_{1}p(z)+K_{2}\leq L_{1}q(z)+L_{2}(\forall z\in\Omega)$ , $V$
$A_{q}(\Omega)$ \mbox{\boldmath $\theta$}- .
, .
Corollary 4.2. $\{(zk, m_{k})\}_{k\in \mathrm{N}}$ $A_{p}(\Omega)$ \mbox{\boldmath $\theta$}-
. , $\{b_{k}\}_{k\in \mathrm{N}}$ , $\{(zk, b_{k}m_{k})\}_{k\in \mathrm{N}}$ $A_{p}(\Omega)$ (
\mbox{\boldmath $\theta$}- .
Corollary 4.3. $\Omega_{j}\subset \mathbb{C}^{n_{j}}(j=1, \ldots, m)$ , $p_{j}$ $\Omega_{j}$
H\"ormander , $n:=n_{1}+\cdots+n_{m},$ $\Omega:=\Omega_{1}\cross\cdots\cross$
$\Omega_{m}\subset \mathbb{C}^{n}$ , $\Omega$ H\"ormander $p$ $p(z_{1}, \ldots, z_{n})=$
$p_{1}(z1, \ldots, z_{n_{1}})+p_{2}(z_{n_{1}+1}, \ldots, z_{n_{1}+n_{2}})+\cdots+p_{m}(z_{n-n_{m}+1}, \ldots, z_{n})$ .
, $\rho_{V}(A_{p}(\Omega))\subset l_{p,\theta}(V)$ $\Omega$ $V=\{(zk, mk)\}_{k\in \mathrm{N}}$
$A_{p}(\Omega)$ $\theta$ - , $zk=(zk,1, \ldots, zk,n),$ $z_{k}^{(j)}=$
$(zk,n_{1}+\cdots+n_{j-1}+1, \ldots, zk,n_{1}+\cdots+n_{\mathrm{j}})$ , $\{(z_{k}^{(j)}, m_{k})\}_{k\in \mathrm{N}}$ $A_{p_{j}}(\Omega_{j})$ (
\mbox{\boldmath $\theta$}- .
, Lemma 3.1 , Proposition 25 .
Corollary 4.4. $V$ $\theta\in(0,1]$ $\rho_{V}(A_{p}(\Omega))=l_{p_{1}\theta}(V)$ $\Omega$
$\ovalbox{\tt\small REJECT} \mathrm{f}\mathrm{f}\text{ }$ . , $\theta’\in(\theta, 1]\}$ $\rho_{V}(A_{p}(\Omega))=$
$l_{p,\theta’}(V)$ .
Remark. , \S 2 . ( , $\theta<\theta_{0}(V)$
, $\theta’\in(\theta, \theta_{0}(V))$ $\rho_{V}(A_{p}(\Omega))=l_{p,\theta’}(V)$
)
$m_{k}=1(\forall k\in \mathrm{N})$ , $\theta\in(0,1]$ $A_{p}(V)=l_{p,\theta}(V)$ .
, Main Theorem $\mathrm{B}\grave{\grave{\}}}$ . (cf.,
[BL1] $)$
Corollary 4.5. $\Omega$ $\mathbb{C}^{n}$ , $p$ $\Omega$ H\"ormander
. , $\Omega$ $\{zk\}_{k\in \mathrm{N}}$ , .
(1) $V$ $A_{p}(\Omega)$ (\mbox{\boldmath $\theta$})- .
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(2) $N(\geq n)$ $f1,$ $\ldots,$ $f_{N}\in A_{p}(\Omega)$ $\epsilon,$ $C$ , $V\subset V(f)$
$(\begin{array}{l}Nn\end{array})$
$\sum|\triangle_{\kappa}^{f}(z_{k})|\geq\epsilon\exp(-Cp(z_{k}))$ $(\forall k\in \mathrm{N})$
$\kappa=1$
. , $f=(f_{1}, \ldots, f_{N})$ Jacobi
$n\cross n-$ .
(3) $m(\geq n)$ $f1,$
$\ldots,$
$f_{m}\in A_{p}(\Omega)$ $\epsilon,$ $C$ , $V\subset V(f)$
$\sum_{j=1}^{N}|D_{u}f_{j}(z_{k})|\geq\epsilon\exp(-Cp(z_{k}))$ $(\forall k\in \mathrm{N}, \forall u\in S^{2n-1})$
. , $S^{2n-1}:=\{z\in \mathbb{C}^{n} : |z|=1\}$ ,
$D_{u}f= \sum_{j=1}^{n}\frac{\partial f}{\partial z_{j}}\cdot u_{j}$
$f$ $u=$ ($u_{1},$ $\ldots$ , un)\in S2n-1’ .
, [O2] Main Theorem (1)
$A_{p}(\Omega)$ .
.
Theorem 4.6. $V=$ $\{(z$ $m_{k})\}_{k\in \mathrm{N}}$ $\rho_{V}(A_{p}(\Omega))\subset l_{p,\theta}(V)$
. , $V$ $A_{p}(\Omega)$ $\theta$- ( , $\rho v(A_{p}(\Omega))=l_{p,\theta}(V)$ )
, $f_{1},$ $\ldots,$ $f_{N}\in A_{p}(\Omega)$ $\epsilon,$ $C$
(1) $Z(f)$ , $V=V(f)$
.
(2) $S$ $S_{p}(f;\epsilon, C)$ , $S$ $\{z_{k}\}$ 1
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